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·several at~;mpts have been made to investigate the fundamental p~o~rties of vector" 

f\atti~. . Among them mo~t important are the spectral theory deve~oped by I?. Rieszd> 

~pd H. Freudental<2>, and the representation 'theory _by S. kakutani( 31 , M.H. Stone<41 and 

i.tithers. In ~y previous worksrldnvestigated the ~eneral -pi;operties of vector latti<::e, 

~-fepresentation•theories of vector 'lattice anti linoor operator~.· Tile .purl)Ose of the pre~t . 
·~iji:-",,- ' ,'' . ·:- . ' .- ' t . . ·, ' . ' -· ' ... ' .. ,' ' ' t : . ' ; ' . 

,Jlr,l.pa- i~ ,to make SOIJle additional remarks on my previous works<51 {Part I} and :to study 

: the con~ergen~ ·. character of linear operators witti;: ran~e- in , ·vector' lattice '(Pai:t 2), ·,. 
,··:•. ' . , • . . . ..':·,I\ 

:\~cia.lly in~ 5 (Part 1) I shall introduce a -complex · Banac;ldattiee z,;, {X, X}, and 

i~bow' that ,the properties of· Z are reduce4 to-·tbose<ot it~ component. t~iiJ ,Ban.~ch lattice 
, .. I I ·. . . ·.· , • ' ·,_ .. _,_; :" ·,_ ·1·,• ix, e~:, Z is r~flexive if anc\ only i( J{ is iefle~i;ve. · · · , .'., •- · : . . · ' - .; · ' · · ' ' 

. . .·· ·.. , .. · ... · .. ···•· .· I . . 
Part 1 Some Genera.ls TheOl'~fus on Vector Lattice 

\ ' ' ' ' ' . 

§ '1. Remarks on (o}-bounded linea_r, operatorlt. Let X be a vector lattice and Y a 

.,:<:0mplete .vector. lattic~. Let T be an (o}-bounded .linear1 operator· from X to Y., If 

-~n➔O· (o) irplies T.:,;11➔0 (o), t,hen we say. that p, /s1 (0}?9ntinuo.us. If. iJ;l thi1, s~ate-:.. 

ment ~rected s~ts play. a roll instead of simple sequences, that is, a:&➔0 (o) implies 

, T .. ~ir-0 (o), tqen we say that T. is (o)- contin(mus in the sense of Moore and Smith, or 
.)lfS-continuous: 1 , · • . .· . · • . . · 

Tr-rii:.iiREM I.I. If T is (g}-continuousl th~ s9 are 'T+-,T-, IT!. . .. 
\ ( _PROOF. Let :r:11 i 0, anci put y= (>T+ .. 'l)n, the11 ~+'. .'1:11--: T.(a---;1:11) ~ t .;.xr_.:...,1.'.a(;ror, 
00-:£_a$x1,. By making use of this inequality· we · obtain y:'S,T +'.rr:1 :...T.a; since a,½x11 i.o 
a,nd T is (o)-continuous. But l;>y definition ·T+.:i:1 = V 1'.a, and so y=.0. 

• -1 o:11a:.c~1 

THEOREM I. 2. If T is 1118-continuous; th~n so are' T+, '!'-, l Tj. 
'r' • ' 

,.The P,roof is very similar to tf?.at of Theorm I. L 

.· By an\ ideal J of X we mean a. linear subset of, X such 'that' I ·u i =:;;IV I, ve.J implies 

'.~EJ, a11d by a . normal ideal the totality bf elements of :X orthogonal· to ea~h eletn¢nt · of 
" . . - \ . . . ; . . 

'°ine subse.t of X. A normal ideal N of ~ complf::te. vector lattfoe .is c~araeterized as a 

'qq-ect cqnfponent of this vector lattice, or as such an ideal that. I. u:. b~ .of a subset of N, 
, , , ' , I ' I 

' {f) . F. Riesz, Ann. of Math,, '41 (1940), 174-209. 
, (2)'.H. Freudenthal, Proc •. Ac~d. Amsterdam, •~9 {19.36) 641-651. 
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(in Jap.). Lattice Thepry l (1948) (in Jap.) which we r~t~k to LsT. · · .' · . • 
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