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This note contains two rather separate topics. The first theorem is a
version of Lefschetz5 theorem in the language of differential forms. The
second one is a characterization of abelian subvariety of an abelian variety.
They are a continuation of our preceding papers [2Γ\ and [β~]ι). As addenda
we shall give corrections to the cited papers [2Γ\ and [ΊΓ].

§ 1. Isomorphism of jγ

We shall prove in this § the following

THEOREM 1.1. Let Xn be a non-singular protective variety and let Y be a
non-singular irreducible hypersurface section of X of order m. Let j γ be the
injection Y-+X and j * be its adjoint map H°(X, ΩX)-+H°(Y, Ωγ), where Ωχ> Ωγ

are the sheaves of germs of regular differential forms of degree 1 on X and Y
respectively. Then if n^Z and m is sufficiently large j γ is an isomorphism of
H\X, Ωx) and H°(Y, Ωγ).

We have proved already in [2] that jp is an injective map provided m is
sufficiently large (Theorem 5 in [2J). Hence to prove Theorem 1 it suffices to
prove the following:

PROPOSITION 1.2. Let X be as in Theorem 1 and let Θ be the structure
sheaf of X and let m0 be an integer such that

(1) Hi(X,Θx(-m)) = 0 for m>m0 and i = 1, 2.

(2) Hι(X,Ωx(-mj) = 0 for m>m0.

IfYisa generic hypersurface section of order >/^0, then j * is a surjective
map.

PROOF. Let us denote by &> the sheaf of ideals defined by 7, i.e., the
sheaf of germs of rational functions / such that (/)> Y. As before let Ωx, Ωγ

be the sheaves of germs of regular differential forms on X and Y respectively.

1) The numbers in the bracket refer to the bibliography at the end of the paper.


