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§ 1. Introduction

The K- and XO-rings of the standard lens space Ln(m) = S2n+1IZm mod m
are investigated by several authors, and the structures of the reduced K- and
KO-rings K(L"(m)) and K0(Ln(m)) are determined by J. F. Adams [1, Th.7.3-4]
when m = 2 (Ln(2) = RP2n+1 is the real projective space), and T. Kambe [3]
when m is an odd prime. Furthermore, the additive groups K(Ln(pr)) (p: prime)
and Kb(Ln(pr)) (p:oάά prime) are determined by N. Mahammed [9, Th.3],
and an explicit additive base of K(Ln(pr)) (p: odd prime) is given in [5, Th.1.7].

In this note, we shall determine the additive structure of

K0(Ln(2r)) for any r ^ 2.

Let p be the non-trivial real line bundle over L"(2r), and η be the canonical
complex line bundle over Ln(2r), i.e., the induced bundle of the canonical complex
line bundle over the complex projective space CPn by the natural projection
π: Ln{2r)-*CPn. Then we can prove the following

PROPOSITION 1.1. The reduced KO-ring K0(Ln(2r)) (r^2) is generated by
the stable classes

(1.2) K = p— 1, σ — rη — 2 (rη is the real restriction ofη)

and there hold the following relations:

{ 1 ifn = l mod 4,

0 otherwise;

(1.4) σ(r-l) = 2fc, κ2 = - 2κ,

(1.5) KG = - 2κ + ΣE? {(2 + σ)σ(S)ΠΓ=?+i (2 + σ(ί))} ,

where σ(s) = σ 2 s + Σ j ί 1 ^ ^ ' eώ(L«(2 r)) is given inductively by

(1.6) σ(0) = σ, σ(s) = 4σ(s-1) + σ(s-1)2 (0 < s < r).


