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§ 4 Dimensions of ideal boundary
(cont inuat ion)

If F € Oo and Γ ^ ^ , then the
situation is somewhat troublesome t o
handle* Let Λ^ be the least harmonic
majorant of u e θj F _ ̂  β Then Λ v-
has i t s sense for any ° v <= #J F _ ψo» Let
S u be a limit harmonic function km
ir* defined as follows? v*1 is har^^

monic on F n - FΌ such that u^= v on
Γu+ Γo « Then we have easily that
^ u s S v . Let ^ u . be the largest
minorant of nc- IPp-p0 belonging t o

f) Th ^ i i l<f)

F-ψ
F-ψo

h "
Then is equal t o

Fψo

either" constant zero or a solution of
(A) such that "T^Φ 0 • If ^ Φ o ,
then cϊΓα

e ^F-F, I*β^ u U be a so-
lution of (A) o n F u ' P 0 such that
u- = α o n Γ u + Γ 0 , then T α

e h * Λ

exists and either T^s o or T α φ θ β

Moreover T α coincides with ° ΐ α We
have the following factss

( i ) <£v8- T for any v ^ ( > ) F _ F o ί

( i i ) Λ operation preserves the °
l inear independency.

Let [U] be a positively l inear
subspace of !PF_PO spanned by a l l the
minimals \xi, i = i, ° , m such t,hat QΓu,.
Φ 0 9 u ι e IPΓ_ f and l e t T i l / ] be
T image of [U\° Let [ VΊ be a
positively l inear subspace of ^P F -p β

for each element of which A operation
has the sense. Evidently $F_F <g [ V ]
C cp F ^ o , Let ΛV] be ^ iiώge of
[V] 9° Next facts are also easy to
verify%

MVlc [V] and

Let u be a minimal inlP F _p o such
that ^ Γ u φ 0 Then J>Tα= u, i i valid.
This shows that ^ίUΊ c [V] and [U] C
A[λf] . Hence we see that [V] = °T(U]
and ΛίλJ] = [U]

Let u be a minimal belonging t o
[XJ] $ then T α i s also a minimal in
<PF_Fe β In fact, if we assume that

o<ur< &cX'α 9 then Jur exists and
sat is f ies o<Λ^% u , therefore J > ^
--feu. holdsΦ This implies th©
desired fact ur = fe<Γu. #

I f ^ )

$ then

for a suitable non-compact sequence
{ζ^\ for any minimal α in IPF^p

I f <w^ ) > 0 on F-Fo

for a suitable subsequence { ζ <n w } of
i^tx) , then o< w < °Xxx. which shows
that w= ^ T α and ur i s also a mini-
mal in <ffV_t? and ^ ^ belongs t o Q]

o P ~ r(

Let d p ~ p o be a class of positive
solutions u °of (A) on F - Fo such
t h a t o<\\1P,ψynz)?(.z)ά-<r<oo and ^ = o on

Γo We shall next prove that S v

has the sense for any v-^Cir_ψQ #

Evidently v n > v on F n - FD and ° v^ > u w

if ΎI > m β ^Therefore f̂  Ύ1> — ^ o on
Γo and 4 ^ ^ | ~ on Γ- Oi the

p do

other
Oo ^

hand we see

•cU

> -

which leads to a fact that

and hence we see that

S l r φ co
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