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Introduction

Let A={z: | z | < l } and Γ={z: \z\=l}. Let 31 denote the set of complex-
valued Borel measures on Γ. For each «^0 the family £Fα of functions analytic
in Δ is defined as follows. If a>0 then /e£F α provided that there exists μ e
Jά such that
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for | z | < l . Also, /e£F 0 provided that there exists μ<=<3ί such that

(2)

for \z\<l (Here and throughout this paper every logarithm means the principal
branch.). The classes £Fα for α^O were first studied in [3] and [4]. Of course,
the case a—I is classical and well studied in the literature. The mapping from
M to £Fα given by μ-*fμ is not one-to-one, i.e., the correspondence between
measures and functions in 9*a is not unique. Suppose that μ<=<M. Let \μ\
denote the total variation norm of μ and let \\μ\\ = \μ\(Γ). For | ζ | = l and 0<
x^π let J(ζ, x) denote the closed arc on Γ centered at ζ and having length
2x. A function w is defined on [0, π] by

(3) w(x)=\μ\V(ζ, x)) for 0<x£π and u;(0)=0.

To indicate the dependence of w on ζ and x we sometimes write w(x)=w(x,
μ) or w(x)=w(x, μ). As explained in [1] formula (1) is equivalent to

where g is a complex-valued function of bounded variation on [—π, π~]. Similar
remarks apply to (2). We point out, that in the standard way, our measures
may be regarded as being defined on [—π, π] rather than on Γ. This is noth-
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