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On the exceptional set of a certain harmonic
function in a unit sphere.

By Masatsugu TSUJI.

(Received Mary 28, $ $1953)

1. Main theorem.
In the former $P\subset 7P^{()}1^{1)}$ , I have provecl, $\dagger$ ) $yq(nerali_{7_{d}}ing$ Beurling’s

$tt_{leo\Gamma t_{-m}^{\backslash }})_{1}$ the following $(h\cdot\cdot\backslash $ .
$T\}I|t_{\wedge}^{\backslash }o\tau_{\backslash f^{_{\wedge t}}}\supset\backslash \backslash 11$ . $L_{9}$ $tf(’\backslash \sim)/)c$ regnlar $j_{ll}|_{Z}|<1$ and

$\sim\cdot|\int 1|f^{\prime}(z)|^{}\cdot c/,\iota^{\prime}(/v -)$ $\sim-\lambda^{\prime}$ rt-lv.

Then the $rc$ exists $a$ $\backslash \backslash ^{\backslash }etF_{\vee}$ on $|_{\overline{<}}.|-\rceil$ , $l(h/c\cdot//$ is of $1o_{\neg}^{\sigma}arith\uparrow nic\cdot$ capacitv
zero, snch $tl_{lat}$ if $(^{\prime t0}$ does il( $tb_{C)}/0/l_{\neg}^{(7}$ to $I_{d}^{v^{\backslash }},$ $t/l9t$

$z’\langle\lim_{49}f(z)$ $f(9)( y)e.\iota\cdot i_{\$}f\backslash \sigma_{i}a/l(/l1lli\int 9//m/y$ ,

whcn $z$ tends to $c^{t((}f_{j^{\prime}}om$ the $ in\backslash \cdot icl(\prime 9\int$ any Stol.. $domai_{li}$ , ivhose $vc\prime^{\prime}t^{J}x$

is at $c^{l}$
“ an $clfo’\prime an\nu rc^{J}cti/i/\iota car\backslash \backslash ^{\backslash }9\neg\sigma l’ l)?[/,$ $ll/lich$ connects $(^{l9}$ to a point

of $|z|$ . 1,

$\int_{l}|f^{\prime}(.’\sim-)||dz|’’\leftarrow\neg$

From this, we have
$TIff^{\backslash }\$_{d}O11[:]\backslash \uparrow 2$ . Let $u(z)b\ell ha1^{\prime}mo/lic$ in $|_{\overline{4}}|<1$ and

$\rfloor\int_{1}|gracl_{lt}(z)p(/x(ly<\infty$ .

Then $thc’\prime e$ exists a set $F_{\lrcorner}$ on $|\wedge^{-}’,$ $|- 1,$ $\iota$ ($/hich/s$ of $/a_{\overline{J}^{d}}it1m\iota i\cdot ca/$)$acity$

$z(ro$ , such $t/lat$ if $e^{i0}$ does not $ belon_{\neg}\circ$ to $F_{d}$ , then
$\lim_{z\rightarrow l)}u(z)-\iota t(C^{\prime}j9)(-|-\infty)$ exists and $\iota/nifor$)$n/y$ ,
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