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On $\phi$-congruences.
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1. Let $x^{i}(i=1,2,3)$ be the co.ordinates of a point $M$, on the
surface of reference, and $\lambda^{i}(i=1,2,3)$ the direction cosines of a line
of congruence passing through $M$. Also, let $\lambda^{i}-(i=1,2,3)$ be the direc-
tion cosines of a line of another congruence, intersecting the consecu-
tive lines of the given congruence at a constant angle $\varphi$ . I shall call
this the $\varphi\cdot congruence$. The line of striction of a ruled surface passing
through the original congruence will lie on a surface. This ruled
surface will be taken fixed. Ranga Chariar (1945) has shown that
the feet of the rays of $\varphi\cdot congruence$ lie on the line of striction of the
given ruled surface. Hence the surface on which this line of striction
lies will be taken as the surface of reference of the $\varphi\cdot congruence$ .
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2. Suppose a line of $\varphi$ -congruence with direction cosines $\overline{\lambda}^{i}$,
$(i=1,2,3)$ intersects, its surface of reference at a point $P$, whose co-
ordinates are $y^{i}(i=1,2,3)$ . Then,

(2.1) $y^{i}=x^{i}+t\lambda^{j}$ ,

where $t$ is the distance of the central point of the given ruled surface


