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A Theorem on Riemann Sum.
Notes on Fourier Analysis (XIII)

Tamoru TSUCHIKARA.
Let us consider the series
F(@) =,§ co.;:zx (0 <a <%) ,
and let £ (1) be its z-th Riemann sum, i.e.

A@ =13 f(z+2nf

72 k=1 ;
Since 7(x) is of order 1/2'* in the neighbourhood of the origin, we have
lim sup f,(x) = oo
n-»o

for almost all x, by the theorem due to J. Marcinkiewicz, A. Zygmund®

and H. Ursell®
Connected with this fact it may be of some intercst to prove' the

following

Theorem. Lez f(x) be a function integradle in (027) and of period
27, Let fo,(x) be its Ricnann sum and its Fouricr series be

1) Ji€3) ~—;— a0+§ (@, cos nx+0&, sin nx) .
. n=1

17 the Fourier cocfficients sauisfy the condition

(2) lim 2 ( J”m« — @ pysy ] + Ibnv _&n(vﬂ) ! ) =0 ’

nyro0 V=1
in particular if
El( ’an""anﬂ ] + ]én_(}nﬂ l ) <o,

or if Sant, 16,4 arc won-incveasing sequences, then for almost all x ihere
exists a scquence of integers $m (depending on x) such ihat

tim £, ) =[] /) ax
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