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1. Introduction. Let f(z) be a transcendental entire function and let

M(r) = M(r,f) = max |/(s)|
\z\=r

be t h e m a x i m u m modulus of f(z) on \z\ = r and

Γ(r) = 7Xr,/) = (1/2*) Γlog+ \flre»)\dθ

the characteristic function of f(z), where log+|α:| — max(log|x), 0).
We define the order p and lower order λ of f(z) as follows

,. log logM(r, f) λ. . r log logM(r, f)
p = hm sup — & , & v J -, λ = lim inf — s , & ^-^-/ #Γ r-oo ^ log r r̂ oo log r

Paley [6] proved that for each p(0^ /> rg oo), there is an entire function of
order p for which

,. log Mr, f)
hm sup ^ / > γ y =

r l{rJ)
On the other hand, it is conjectured that

n λ. . , logM(r,/) ^
Q = hm inf —^y VΛ = πP

r->oo l{r,J)

for 1/2 < /> < oo (see [4, 6]), and it is known that

Cf ^ 7rp/sin np

for 0 ^ p ^ l / 2 , and this is the best possible estimate (see [9, 11]).
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