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1. An infinite series ]Γ] un with partial sums sn = Σ uk is said to be
w«ϋ 0

summable by Harmonic means [3], if the sequence \yn) tends to a limit as

n -> oo? where

6w^o + 6W-151 + + bosn

( )

We write Bw = b0 + bγ + + bn so that Bn ~~ log w.

The main interest of the method lies in the Tauberian theorem associated

with it.

THEOREM A [2]. IfΣun is summable by Harmonic means, and

Un = O(n'8) 0 <δ<l,

then 2 un is convergent.

If S = 1, Theorem A reduces to well known Tauber's first theorem, in

view of the fact that Harmonic summability implies (C, S) summability for

every δ > 0.

If />»>0, Po>O, τpn = oo, (so that Pn=po+p! + +A.-»°°),

and

£0*0 + A*i + + A ^
( L 2 ) ίw = ~ Λ + A + + * Γ " 5

o, then we say that sn -> s(i?, />n) [1, p. 57]. If we choose Pn = exp n*

(0 < α < 1), then the Tauberian condition of Theorem A is also the Tauberian

condition of (i?, pn) summability.

The object of this note is to give an indirect proof of Theorem A by

proving the following theorem:

THEOREM I. / / an infinite series 2 un is summable by Harmonic means

to the sum s, then it is also summable (R, pn) to the same sum, where

Pn = exp n" (0 < qi < 1).


