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1 Introduction

Let L be a first order system

Lðx;DÞ ¼
Xn
j¼1

AjðxÞDj

where A1 ¼ I is the identity matrix of order m and AjðxÞ are m�m complex

valued smooth matrix functions. In this note we continue to study the question

when we can smoothly symmetrize Lðx;DÞ. In particular we discuss about the

question whether we can smoothly reduce Lðx;DÞ to a hermitian system if

Lðx;DÞ, at every frozen x, is similar to hermitian system as a constant coe‰cient

system. In [2], [3] the same question for real systems was studied. Let Lðx; xÞ be

the symbol of Lðx;DÞ: Let us denote

Lðx; xÞ ¼ ðy i
j ðx; xÞÞ

which is a m�m complex valued matrix. We set

dðLðx; �ÞÞ ¼ dim spanRfRe y i
j ðx; �Þ; Im y i

j ðx; �Þg

which is called the real reduced dimension of L at x.

Our aim in this note is to prove

Theorem 1.1. Let mb 2. Assume that at every x near x there exists SðxÞ
which is possibly non smooth in x such that SðxÞ�1

Lðx; xÞSðxÞ is hermitian for

every x and the real reduced dimension of Lðx; �Þbm2 �mþ 2. Then there is a

smooth TðxÞ defined near x such that

TðxÞ�1
Lðx; xÞTðxÞ

is hermitian for any x and for any x near x.
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