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8§ 1. Let R be a universally continuous semi-ordered linear space®
(i.e. conditionally complete vector lattice in Birkhoff’s sense) and ||-|| be
a norm on R satisfying the following conditions throughout this paper

(N. 1) |#[=ly| (x,yeR) implies ||z||=|lyll; |

(N. 2) 0=z.};c,x tmplies ||z||=sup ||x;||*.
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A norm 1I+|| on R is. called continuous, if
(1.1) ' inf ||z,||=0 for any «,452,0%.
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The continuity of norms on R plays an important role in the theory
of semi-ordered linear spaces. In fact, it is well known [8, 9; § 31] that
every morm-continuous linear functional f on R is (order-) universally
continuous, i.e.

(1.2) inf |f(x,)|=0 for any «;:c,40,
ie A
and R becomes superuniversally continuous® as a space in this case.

It is clear that if a norm |[-|| on R is continuous, the another norm
|||l which is equivalent to ||-|| is also continuous. As for the conditions
under which norms ||:|| on R are continuous, there are the detailed in-
vestigations by T. Ando [3, 4].

A norm ||-|| on R is called monotone [8]

(1.3) ol |yl (&, yeR)  implies uxn;;e'-uyn,

and is called uniformly monotone [8, 9; § 307, if

1) Thls termmology is due to H. Nakano [9] We use mainly notation and terminology
of [9] here.

2) A norm satisfying (N. 1) and (N. 2) is called semi-conlinuous in [10] A norm on
- satlsfymg (N. 1) is called monotone in [7]. On the other hand, (N. 1) is assumed for
any norm of normed lattices in [6]. ‘
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3) . This means z;=2,=---=0 and N z.=0.
v=1

4) R is called superunwersa,lly continuous, if for any O<acz 1e 4=a there exists {2,157,
<{xi}1e 4 such that U zi,= U za.
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