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1. In 1940 Fraisse [1] defined the relatmn
a _<,: B ‘

to mean that zn ordered set A of type o i8 similar to a subset of an order-
ed set B of type 8 . 1If, at the same time, B is not similar to. any subset
of A, then we shall writea <. It is obvious thatthis definition, depends
only on the order types o and B., and is 1ndependent of the special sets
A and B. Ifg <3 and B<a both hold, we shall write a = 8 and say that
and- B are equlvalent (even though o and 8 may be d1st1nct) If neither
< < g nor ,3< a holds, then o and g willbe said to benon- comparable
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In terms of these relations it is natural.to discuss.the notions of
upper and lower bounds of two order types or their leastupper and greatest
lower bounds. Thus, ¥ would be called a least upper bound for @ and B
if a< 7, :3< 7 , while for any $ such that o< & and B < 8 it would
follow that e1ther7 <8 or that Yand 9 are non- comparable ‘ - '

2. Throughout this note we shall assume das known the usual termi-
nology and symbolism for order-types and ordinals. :

The purpose of this note is to give a method for ‘demonstrating the
following theorem:

"Ifao = ,-r+m, 8 =. w-s+n, where r.and s ,are naturalnumbers
and m and n are integers > 0, then %and.g *, have only a finite number-: of
distinct least upper bounds, namely, all types of the form

(ry - nt kb b waE - S ‘w*-bt+'w-a't+m"
where t and the coeff1c1ents - W at, bl, i ”bt are natural numbers
except that b1 or a, may be. 0, and . ‘
t t . )
> . a, = r, s b = S.
iel i 21 i .

We do not actually prove this theorem; however its proof would be
only a slight modification of the proof of Theorem VI in section 4.

Hereafter, we shall call the types (I), with m =n = 0, the mixed sums
of ¢ and '8 ; similarly, an order-type ” will be called a mixed sum if Y
can be represented in the form (I) for some ordinals @and 8.

3. We first prove a number of auxiliary theorems about mixed sums
and their relation to general order types.
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