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1. Introduction

Let D be a bounded domain with Lipschitz boundaryRf, and lety be a fixed
pointin D. Then there is a solutioh, (x) to the Dirichlet problem

Au(x) =0 in D,
{ u(x) =—-n(x—y) onaD,
where .
log|x| if N=2,
n(x) = { _IxZY if N>3.

The functionGp (x, y) = n(x —y)+h,(x) is called theclassical(negativg Green
functionfor the Laplacian, with pole ag. It is harmonic inD\{y} and tends to
zero on the boundary; furthermore, it is symmetric.

Now let D be a bounded domain iG”. By PSH D) we denote the class of
plurisubharmonic (psh) functions an. The pluricomplex Green functiofor D
with pole atw is defined by

gp(z, w) = suplp(z) 1 ¢ € PSHD), ¢ <0, ¢(2) = loglz — w| + OD)}.

This definition was first given by Klimek [5]. It coincides with the classical
Green function in the complex plane. The functigs(-, w) is a negative plurisub-
harmonic function inD and has a logarithmic pole at. It is decreasing with re-
spect to holomorphic maps, which implies that it is biholomorphically invariant.
If D is hyperconvex, thegp(z, w) — 0 asz — 9D andgp is continuous on
D x D (cf. [3]). The pluricomplex Green function is symmetric for convex do-
mains [7], although it is not symmetric in general [1]. The pluricomplex Green
function plays a similar role in the pluripotential theory as the classical Green
function in the classical potential theory, so itis interesting to compare the two. In
the case whe is strongly pseudoconvex, Carlehed [2] proved that the following
holds for allz, w € D:

gp(z, w) 2n—4
o2 < C(D)|z —w .
Go(z. 1) (D) |
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