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1. Introduction

LetH∞ be the Banach algebra of bounded analytic functions on the open unit disk
D.We denote byM(H∞) the maximal ideal space ofH∞, the set of nonzero mul-
tiplicative linear functionals ofH∞ endowed with the weak∗-topology of the dual
space ofH∞. Identifying a point inD with its point evaluation, we think ofD as
a subset ofM(H∞). Forϕ ∈M(H∞), put Kerϕ = {f ∈H∞; ϕ(f ) = 0}. Then
Kerϕ is a maximal ideal inH∞, and for a maximal idealI in H∞ there exists
ψ ∈M(H∞) such thatI = Kerψ. For f ∈ H∞, the functionf̂ (ϕ) = ϕ(f ) on
M(H∞) is called theGelfand transformof f. We can identifyf with f̂ , so that
we think ofH∞ as the closed subalgebra of continuous functions onM(H∞). Let
L∞ be the Banach algebra of bounded measurable functions on∂D. The maxi-
mal ideal space ofL∞ will be denoted byM(L∞). We may think ofM(L∞) as a
subset ofM(H∞). ThenM(L∞) is the Shilov boundary ofH∞, that is, the small-
est closed subset ofM(H∞) on which every function inH∞ attains its maximal
modulus. For a subsetE of M(H∞), we denote the closure ofE by Ē. A nice
reference for this subject is [4].

Forf ∈H∞, there exists a radial limitf(eiθ ) for almost everywhere. Leth be
a bounded measurable function on∂D such that

∫ 2π
0 log|h| dθ/2π > −∞. Put

f(z) = exp

(∫ 2π

0

eiθ + z
eiθ − z log|h(eiθ )| dθ

2π

)
, z∈D.

A function of this form is calledouter,and|f(eiθ )| = |h(eiθ )| almost everywhere.
A functionu∈H∞ is calledinner if |u(eiθ )| = 1 a.e. on∂D. For a sequence{zn}n
in D with

∑∞
n=1(1− |zn|) <∞, there corresponds a Blaschke product

b(z) =
∞∏
n=1

−z̄n
|zn|

z− zn
1− z̄nz , z∈D.

A Blaschke product is calledinterpolatingif, for every bounded sequence of com-
plex numbers{an}n, there existsh∈H∞ such thath(zn) = an for everyn. For a
nonnegative bounded singular measureµ (µ 6= 0) on ∂D, let
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