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Abstract. We describe smooth compactifications of certain families
of reductive homogeneous spaces such as group manifolds for clas-
sical Lie groups, or pseudo-Riemannian analogues of real hyperbolic
spaces and their complex and quaternionic counterparts. We deduce
compactifications for Clifford–Klein forms of these homogeneous
spaces, namely for quotients by discrete groups � acting properly dis-
continuously, in the case that � is word hyperbolic and acts via an
Anosov representation. In particular, these Clifford–Klein forms are
topologically tame.

1. Introduction

The goal of this note is twofold. First, we describe compactifications of certain
families of reductive homogeneous spaces G/H by embedding G into a larger
group G′ and realizing G/H as a G-orbit in a flag manifold of G′. These homo-
geneous spaces include:

• group manifolds associated with classical Lie groups (Theorems 1.1 and 2.6;
see also [He02]),

• certain affine symmetric spaces or reductive homogeneous spaces G/H given
in Tables 2 and 3 (Propositions 1.5(1) and 5.8(1)),

• pseudo-Riemannian analogues of real hyperbolic spaces and their complex and
quaternionic counterparts (see (1.3) in Section 1.4).

Second, we use these compactifications and a construction of domains of disconti-
nuity from [GW12] to compactify Clifford–Klein forms of G/H , that is, quotient
manifolds �\G/H , in the case that � is a word hyperbolic group whose action
on G/H is given by an Anosov representation ρ : � → G ↪→ G′. We deduce that
these Clifford–Klein forms are topologically tame.
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