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1. Introduction

Polya [8] defined the final set of an analytic function to be the set of all 7 in
the complex plane such that every neighborhood of z contains zeros of in-
finitely many derivatives of f. He and others [1, 2, 3, 5, 6, 7, 8] have deter-
mined the final sets of various entire and meromorphic functions. Here we
examine the final sets of Hadamard gap series with radius of convergence
one (and hence with natural boundary {|z|=1} [10, p. 223]).

We consider power series of the form

(1.1 f@=3 e
satisfying A > 1, where )
1.2) AN=liminf n;/ny.
We define o
(A=DNU=D  when 1< <o,

1.3 A= {1 when A= co,
THEOREM 1. Let f, N\, and H(\) be defined as above, and suppose that
(1.4) lce |V —>1 as k—oo.

(@) If 1<\<oo, then the final set of f is
(1.5) (OJU{H(\) <|z|=1].

(b) If \= o, then the final set is contained in (1.5). If A= oo, and if
lim sup nZ|cy| >0 for some B=0, then the final set is (1.5).

In Section 4 some functions are constructed which satisfy (1.4), and for
which A = «, but for which the final set is {0}.
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