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1. Introduction and statement of main results. Let ¢(z) be an inner function
defined on the unit disk D = {|z|<1}. Factor ¢ canonically as

¢(z) =NB(2)s,(2),
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is a Blaschke product and
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where o is a positive singular measure on the unit circle 7.
In [4] we proved the following result, extending earlier work of Frostman,
Riesz, and Ahern and Clark (see [6] and [1]).

THEOREM A. Let {oeT, ¢ =Bs,;, and 1 < p<oo,
(1) Necessary and sufficient that lim, _,| f(r$o) exist for all f € K,(¢) is that
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(2) Necessary and sufficient that lim, _,y f(r{o) exist for all f e K,(¢) is that
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(Here and in the sequel, by lim, _,; f(r{o) we mean lim,_,;_ f(r{o).)
The spaces K, = K,(¢) and K, =K,(¢) are the “star-invariant” subspaces of
HP? and BMOA determined by
K ($)=¢HENH? and K.(¢)=K,(¢)NBMO,

where HY = {Zf(z): fe H”}.

Although derivatives are not mentioned in [4] it is not difficult to conjecture
(and prove) the correct results for the radial behavior of fV, f@® ... if fe K, or
K., and arrive at the following result.
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THEOREM A’. Let {oeT, ¢ =Bs,, I<p<owandn=0,1,2,....
(1) Necessary and sufficient that lims_, f "(r¢o) exist for all fe K, is that
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