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1. INTRODUCTION

Let k be a nonnegative integer. Let 7, _;(BO(k + 1)) be the unoriented cobord-
ism group of real (k + 1)-plane bundles over closed smooth (n - k)-dimensional

manifolds. Let orliz N, .1 (BOk + 1)) — 5 be the homomorphism defined by assign-

ing to the (k + 1)-plane bundle £ over M™-K the cobordism class of the total space
RP(¢) of the associated projective space bundle. Many problems in cobordism
theory can be reduced or related to the computation of this homomorphism. For in-
stance, Stong [6; 8.4] proved that the image of oﬁ is the set of cobordism classes in
n, Which are represented by the total space of a fibering RP(k) L mn L gn-k which
is totally nonhomologous to zero. Another example of the usefulness of crﬁ was
described in [1]: Let Jlri be the set of cobordism classes in 7,, which are repre-
sented by a manifold admitting an involution whose fixed point set is (n - k)-dimen-
sional. Then the image of oﬁ contains Jlri , Which in turn contains the image of
o2k-1,

The main results of this paper are the following:

PROPOSITION 2.3. The image of ai equals the set of classes in n,, which are
vepresented by a fibeving with fiber RP(3), and is the set of classes a in 1, with
wi‘ wn_j(a) =0 forall j, 0<j<n.

PROPOSITION 4.4. The image of og equals Jr31 , and is the set of classes « in
Ny With WJ1 wn_j(a) = wi'Swn_i ss(a) =0 forall jand i, 0<j<n, 5<i<n

2. THE IMAGE OF o}

PROPOSITION 2.0. Let f: M™ — BP be a smooth map and let F = £-1(p) be the
inverse image of a vegular value of f. Let i:'F — M be the inclusion. Then
i, [F]=1*[B] n [M].

Proof. By examining tubular neighborhoods of ¥ and p, we see by naturality
that £*[B] is equal to what Milnor and Stasheff call the dual cohomology class to F
in M [4, page 120]. The proposition then follows from [4; Problem 11-c].

COROLLARY. If Ff LM E B is a smooth fibering, then for any class
x € Hi(M; Z,) the numbers (i*(x), [F]> and (x U n*[B], [M]) are equal.
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