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A NOTE ON MODAL SYSTEMS

BOLESLAW SOBOCINSKI

In [2], § 4.2, p. 58, I have proved that in the customary axiomatiza-
tion of Lewis' system S5 one axiom, viz. A7 (or B7) is superfluous, i.e.,
in the other words, that {Sl°; Cll} Z£lίS5!. In [4] Thomas pointed out
that the deductions due to which I obtained this result clearly show that
the following metarule

<R ifVmaLβ. theny.&aβ

is derivable in Sl°. Since, as far as I know, this metarule a\ and the
various modal theses related to it were unobserved previously, it seems
that the following brief remarks about them can be useful.

(i) Consider the following modal theses

Rl CCMpLq(gpq

R2 CCMpLqCpq

R3 C&MpLqCpq

R4 C&MpLq&pq

R5 CCMpLqCpq

R6 ^MpLqCpq

R7 (gCMpLq^pq

R8 (&(ίMpLq.$pq

each of which is in some way akin to metarule S\ , and, additionally, the

theses

A7° CpMp

A7* CpMMp

A7** CMpMMp

A7+ (gpMMp

A7++ (gMpMMp

which we shall need in our discussion.
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