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ISOMORPHISM CLASSES OF UNIFORM GROUPS

MICHAEL NAHLER

ABSTRACT. In this paper we count isomorphism classes
of uniform groups within a fixed near-isomorphism class.

1. Preliminaries. An almost completely decomposable group X
is an extension of a completely decomposable group R by a finite
group X/R. If exp(X/R) = h, denote − : R → R = h−1R/R,
x �→ x̄ = h−1x+ R the natural epimorphism. Furthermore, − denotes
also the induced homomorphism − : AutR → AutR, α �→ ᾱ, which is
well defined by ᾱ(x̄) := α(x). Recall, cf. [6], that

TypAutR = {ξ ∈ AutR | ∀τ∈Tcr(R)ξR(τ ) = R(τ )}

is the set of type automorphisms of R. Let R =
⊕n

j=1〈xj〉R∗ , where
x = (x1, . . . , xn) is an h-decomposition basis, i.e., hgtR

p (xj) ∈ {0,∞}
for all j and all primes p dividing h. Then x̄ = (x̄1, . . . , x̄n) is called an
induced decomposition basis of h−1R/R. We write Zh := Z/hZ. Let
a = (a1, . . . , ar) be a basis ofX/R ⊆ h−1R/R. Then the basis elements
ai may be written as linear combinations of the induced decomposition
basis ai =

∑n
j=1 αij x̄j , for i = 1, . . . , r, where αij ∈ Zh. The (r × n)-

matrix M = (αij) i=1,... ,r
j=1,... ,n

∈ Mr×n(Zh) is called representing matrix of

X over R relative to a and x̄.

A group X is called p-local for a prime p if the regulator quotient
X/R(X) is a (finite) p-group.

Definition 1.1. Let p be a prime and e, n, r natural numbers. Let
T = (τ1, . . . , τn) be an ordered n-tuple of pairwise incomparable types,
where τi(p) 
= ∞ each i. Then C(T, p, e, r) denotes the class of almost
completely decomposable groups X such that

(1) T = Tcr(X) is the critical typeset of X,
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