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ON RECURRENCE RELATIONS FOR
THE EXTENSIONS OF EULER SUMS

YAO LIN ONG AND MINKING EIE

ABSTRACT. We consider the extended Euler sums
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and obtain the explicit values of £}, 4 and T}, 4 when the weight
p+q is odd via integral transformations of Bernoulli identities
involving Bernoulli polynomials. Two families of Bernoulli
identities are transformed into explicit formule of Euler sums
and extended Euler sums.

1. Preliminaries. The sequence of Bernoulli numbers (n =
0,1,2,...) is defined by

t = B,t"
(1.1) = nz:% nes <2

It is a sequence of rational numbers and it can be evaluated through
the following recursive formula:

(12) {om .
() Bn1 4+ ()Bo=0,n > 2.
In particular, we get B; = —1/2 from the relation
2B1 + By =0.
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