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NORM ESTIMATES FOR
A PARTICULAR WEIGHTED INTEGRAL OPERATOR

EPAMINONDAS A. DIAMANTOPOULOS

Communicated by Stig-Olof Londen

ABSTRACT. We provide norm estimates for a particular
integral operator on Hardy and Bergman spaces of analytic
functions on the unit disc.

1. Introduction. Let \;, z; € [-1,1], i = 1,2, be such that |z; £+
Ail < 1,i=1,2. The linear segment S, = [x1+ 12, £2+A22] is a subset
of D for any z € D. We consider the function r,(t) = [S,]t+ (z1+ A\12),
0 <t <1, ze D, where we define [S;] = (z2 + A2z) — (1 + A12). Let
A, B, be linear complex functions with real coefficients. We assume
that [A(r.(t))z + B(r.(t))] ! is bounded as a complex function of the
variable ¢, for any z € D.

In this article we consider the integral operator
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where f is an analytic function on the unit disc. For particular choices
of the linear segment S, and the functions A, B, we obtain certain
well-known operators, like the Cesaro integral operator ([6, 10, 11,
12])
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which is of the form (1) for A({) =0, B({) =1—-(, z1 = 22 = 0,
A1 = 0 and X2 = 1, or the Hilbert integral operator (as defined in [2,

3]),

2010 AMS Mathematics subject classification. Primary 32A35, 32A36, 47B38,

Secondary 47A30.
Keywords and phrases. Integral operator, weighted composition operator, Hardy

space, Bergman space, Carleman’s operator.
Received by the editors on October 15, 2007, and in revised form on May 9,

2008.
DOI:10.1216/JIE-2010-22-1-39  Copyright (©2010 Rocky Mountain Mathematics Consortium

39




