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Introduction

T his is  a continuation of the previous papers [7], [8] w ith  t h e  same title.
L e t F  be a  totally real algebraic number field which is a  p rim e cyclic extension
of the  rational number fie ld  Q  a n d  satisfies th e  co nd ition s 1, 3  i n  § 1, n its
m axim al order a n d  a  a  generator of the  G alo is group Gal(F/Q). In  [7]. [8],
we defined a  subspace S,(SL,(o)+) o f  th e  space S,(G.1, 2 ( o ) )  of H ilbert cusp forms
o f  w eight K  with respect to G.L.,(o) b y  m ean s  of an  action  T o .  o f  a  and  Hecke
operators on S,(GL,(o)+), and  gave  the  traces o f Hecke operators o n  this subspace
b y  u s in g  a  tw isted tra c e  fo rm u la  o n  S,(GL 2 (o)+). M oreover we showed the
identity between th e  twisted trace  formula a n d  th e  ordinary trace  form ula  on
spaces o f  cusp forms of one variable, and using this identity we proved a  gen-
eralization o f  Doi-Naganuma's resu lt [1], [6] on lifting  of cusp form s. In  this
paper, we shall generalize th e  above result to the case of congruence subgroups
1 0 (n) with some integral ideal n o f F .  F o r a n  integral ideal with "n=n, we can
define a  subspace S(Fo(n)) of S,(Fo(n)) in  the  similar w ay, and  can calculate the
t r a c e s  o f  Hecke operators o n  this subspace by using a  twisted trace formula
(Theorem 4.2). A s in  th e  above case , w e  c a n  s h o w  th e  identity between the
tw isted t r a c e  formula a n d  t h e  ordinary trace form ula for Hecke operators for
spaces o f cusp forms o f o n e  v a riab le . By virtue o f  th is identity, w e can  gen-
eralize t h e  above result on  lifting o f cusp forms in the case of congruence sub-
groups.

O ur result has been generalized in  adelic and  representation-theoretic setting
by Shintani [12] and Langlands [4 ] .  But we think it is not meaningless to give
a n  explicit result in  th e  classical case.

T he  author would like to express his hearty thanks to Professor H. Hijikata
for his valuable discussions and suggestions.

Notation

T h e  symbols Z , Q , R  and  C denotes respectively the ring of rational integers,
the  rational number field, the real number f ie ld  a n d  th e  complex number field.


