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COPIES OF [, IN KOTHE SPACES OF VECTOR VALUED
FUNCTIONS

BY

GIOVANNI EMMANUELE1

Let (S, 3, u) be a o-finite complete measure space and X be a Banach
space. Recently the following result has appeared

TueoreM 1[7]. Let 1 < p < «. Then I, embeds into L?(u, X) if and only
if it embeds into X.

The purpose of this note is to extend Theorem 1 to a more general class of
vector-valued functions; namely, Kothe spaces E(X) of vector-valued func-
tions. Specifically, we show that / embeds into E(X) if and only if it embeds
into either E or X. We recall that L?(u, X) spaces as well as Orlicz or
Musielak-Orlicz spaces of vector-valued functions are special cases of Kothe
spaces.

Before giving our result, we need some definitions and results. Let
A#(S) = .# be the space of X-measurable real valued functions with func-
tions equal u-almost everywhere identified. A Kothe space E [6] is a Banach
subspace of .# consisting of locally integrable functions such that (i) if
lul < |v| w. ae., with u € . #, v € E then u € E and |lullg < llvllg, (i) for
each A € 3, u(A) < =, the characteristic function y, of A is in E. Kithe
spaces are Banach lattices if we put u > 0 when u(s) > 0 u. a.e. Further-
more, Kothe spaces are o-complete Banach lattices. The following theorems
will be utilized in the sequel.

TueOREM 2 [5].  Given a Kothe space E, there exists an increasing sequence
(S,) in 3 with u(S,) < © and p(S \ U ,cnS,) = 0 for which the following
chain of continuous inclusions holds:

L*(S,) c E(S,) c L'(S,).
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