
SOME DIFFERENCE EQUATIONS

BY L. CARLITZ

1. J. A. Morrison [2] has considered the functional-difference equation

(.1) (z )( )-l(x)
a(x f)"g,_,(a) x(a )"g,_,(x) (n 1, 2, 3, .-.)

with go(x) 1 nd 0 < a < , and hs proved that

(1.2) gn()
=0 r + 1

The writer [1] hs introduced the coefficients A") occurring in
n--1

(1.3) g,(x) A"(a )-’(x fl)" (n 1, 2, 3, ...).
r=0

Riordan [3] has proved the explicit result"

1(- 11)(r-- ll)B_
ig is known ghag

()(.) o
Pug A a. Riordan obgained (1.4) by solving ghe difference equagion

(1.6) _., + _._ X_._

where 0 r < and o ;X /.
In he presen noe we eonsider he equation (1.6) for all > 1, r > 1 and

such ha

a (- )x, -(- )x.( .7)

2. Put

(2.1) F(x, y) E _, a,,.x’Y".
n-l r=l

Then, by (1.6) and (1.7), we have

(1 x)(1 y)F(x, y) )xyF(xy) .- (1 x) a,x’y . (1 y) _, arxy",
n=l r=l

Xx2y Xxy Xxy(x y)
[(1 x)(1 y) Xxy]F(x,y)

1 x- 1 y- (1 x)(1 y)
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