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1. Introduction. Let g and G be regular in the unit disk E([z[<1) and
satisfy the conditions g(0) = G(0) = 0, ¢’(0) = 1 and G’(0) = ¢'%, where « is
real. If

(1.1) Re{G(z)} >N and Re Ge) >0

for zin E and 0 < A\, ¢ < 1, then ¢ is close-to-convex of order A and type o
with respect to G. This definition and some of its consequences are discussed
in [1]. Here we will extend the definition to meromorphic close-to-convex

functions [2], [4].

(1.2) F(z) = i—u + b+ b2+ -+ 02"+ - (areal),

regular in the annulus 0 < |2| < 1 (hereafter called A), is starlike of order
o,0 < o < 1, if and only if

(1.3) Re {——;I(iz,)(—z)'} > o, ze K.

This class of functions will be denoted by =*. These functions have been
the subject of recent investigations by Ch. Pommerenke [5].
Denote by T'(A, ¢), 0 < A, ¢ < 1, the family of functions

14) f(z):-zl—+ao+alz+...+anz"+...

which are regular in A and together with some F & Z* satisfy the condition
sz(z)}

(1.5) Re { ) >\, zeE.

If f e T(\ o) then we say “f is (meromorphically) close-to-convex of order A
and type ¢”’; and f ¢ T(\, o) w.r.t. F is read “f is close-to-convex of order A
and type o with respect to F”,

IfN 2> Nand ¢ > o4, then T(\, 0) © T'(\y, 0o) and for all admissible A
and ¢, T(\, ¢) € T'(0,0) = TI'. Evidently ¢ **F ¢ I'(s, o) if Fe Z*. T(1,0)
is a subclass of the set of meromorphic convex funections.

Received October 14, 1963. Supported by The University of Delaware Research Founda-
tion, Inc.

121



