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Introduction. In [1] Alexndroff hs shown that if connected metric spce
S is locally separable, then S is separable. In [2] Jones hs shown that if
connected, locally connected, metric spce S is locally peripherally separable,
then S is separable. Treybig in [5] gve n example of connected, semi-locally-
connected, metric spce, which is locally peripherally separable, but which is not
separable. This example ffirms the distinction between the locally connected
situation nd the situation where locl-connectedness is omitted. Recently
Treybig in [6] and Roberts in [4] hve obtained some results which complement
Alexndroff’s theorem. This pper develops n nlogous ide in the direction
of Jones’ theorem in the. locally connected situation. In this cse it is shown
that if no point separates a connected, locally connected, metric space S, and each
pair of points in S is separated by a separable closed set, then S is separable.

Notation. Let S denote connected, locally connected, metric spce. If
ech of p nd q is point in S, then d(p, q) denotes the distance between p nd q.
If p is point in S nd r is positive number, then D.(p) denotes the open
disc with center p nd radius r.

THEOREM. I] (1) no point separates S, (2) there is a separable closed set which
separates S, and (3) each separable closed set wich separates S contains two points
which are separated by a separable closed set (this includes 1), then S is separable.

Proof. Suppose that S satisfies the hypothesis of the theorem, but S is not
separable. Let it be that Ao is a separable closed set which separates S; Bo is,

a set to which a point p belongs only in case p is in Ao and Ao contains a point q
which is separated from p by a separable closed set; Co is a countable dense
subset of Bo Eo and Fo are functions such that for each point p in Co Eo(p)
is a set to which q belongs only in case q is in Ao and q is separated from p by
a separable closed set, and Fo(p) is a countable dense subset of Eo(p); No and
Go are functions such that for each point p in Co and each point q in Fo(p),
No(p, q) is the least positive integer m such that D/,(p) is separated from
D/,(q) by a separable closed set, and Go(p, q) is a separable closed set whch
separates D1/Vo(,,q)(p) from D/o(.,)(q); and Ho Ao - Co,o() Go(p, q).
Let A /o We proceed by induction. If n is a non-negative integer,/

is a separable closed set which contains two points which are separated by a
separable closed set. Set A.+ /,, and let B./, C./, E./, F,+, N/
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