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1. Introductioa. In a recent paper [1], R. F. Gabriel introduced a generalized
Schwarzian derivative of an analytic function ](z), defined as

(::) {(), 1 ?(z/ - + : /,
nd used it to prove the following theorem.

THEOREM : (Gbriel). Le ](z) z be regular, with ]’(z) 0 in
0 < {z{ < 1, andlet

(1.2) {(z) z} < (n +
lzl O<lzl<l,

where c, is an appropriate constant. Then ](z) maps z r < 1 onto a cure
which is convex of order n. I], ]urther, there is a value Wo for which ](z) Wo
in 0 < z < 1, Shen ](z) is n-valent and starlike o] order n with respect to Wo
in 0 < z < 1. For each n the constant c, is best possible.

In this theorem n > 1. For n 1 Gbriel [2] had proved a corresponding
theorem using the ordinary Schwrin derivative (to which (1.1) reduces,
when n 1), nd with (1.2) replaced by

(:.3) {](), z l, 2c,, 0 }zl < 1.

This theorem ws generalized by D. Himo [3]. The purpose of this pper is
to prove the following theorem, which will contain both Theorem I, and the
result of Haimo.

THEOREM II. Let ](z) z + (n 1) be regular, with ]’(z) 0 in
0 < {z < 1, andlet

(:.4) (n + 1)p(z) : {](z), z/.,

(1.5) q(r; o) {e=’p(re) }, 0 < r < 1, 0 < 2.

Suppose thai, ]or each O, the differenlial equation

dY + Q(r O)y O,(1.6) :
has a real solulion y(r; O) such that y(0; O) O, y(r; O) 0 for 0 < r < 1, and

y’(r; o) 1
(1.;> r >
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