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Let a be a real irrational number. The properties of the linear function
x ay with integral arguments depend mainly on the functions

(Koksma [1; 37]).
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Let a be developed into a regular continued fraction, a (ao, al a ...).
Puta (a,a./l,a/, ..-),& ’(a,_l,a._2, ,al). Then it can be
shown easily (Morimoto [2]) that

I(o) lira inf ./(o,fl. + 1)

S(a) lim sup o../(o,fl. + 1).

Let us define k(a) lim sup. a.. With this notation, we can easily deduce
from Morimoto’s formulas the following

THEOREM I.
are equivalent:

(a)

(b)

(e)

Let a be any real irrational number. Then the ]ollowing statements

o.
1.

The main purpose of this paper is to prove some inequalities relating these
functions k(a), I(a), and S(a); more exactly speaking, to give upper and lower
estimates for.each of these functions in terms of each of the other two. These
inequalities will serve to prove

THEOREM II. Let {,} denote any sequence o] real irrational numbers.
the ]ollowing statements are equivalent:

Then
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