THE SUMMABILITY (4) OF THE CONJUGATE SERIES OF
A FOURIER SERIES

By M. L. Misra

1. Let the Fourier series, associated with a function f(x) which is integrable
(L) in (—m, 7) and defined outside this interval by periodicity, be

(1.1) %ao + > (a, cos nz + b, sin nzx).

n=1

The conjugate series of this Fourier series is

1.2) > (b, cosnz — a, sin nz).

n=1

The conjugate function associated with the series (1.2) is

.g(x) = E];—r‘/; \l/(t) cot% tdt = ;rl_ j; igt—)dt,

where y(£) = f(x + t) — f(x — ?), the integrals being Cauchy integrals. Let

wo = [ voa b= [ woa
and generally

Ya(t) = 77 f t Yaa (D) dt,

n being a positive integer.
The summability (4) of the conjugate series has been discussed by Fatou [1],
Lichtenstein [3], Plessner [4], and Prasad [5]. Iffor 0 < r < 1,

Vi, z) = > (b, cosnz — a, sin nz)r”, e = arcsin (1 — 1),

n=1

then Plessner proved that

lim [V(r, 2) — % f ) cot% tdt] -0,

r—1

provided that
() = ¢ f ¥(t) dt = o(1),
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