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Introduction

A fte r  t h e  classical works o f  G. Ju lia  [1 9 ]  a n d  P . F a to u  [9 ] , [1 0 ]
o n  th e  iteration  and com position  theory f o r  polynom ials o r  rational
fu n c tio n s , I . N . B a k e r  h a s  in v e s t ig a ted  th e  th e o r y  in  th e  c a s e  o f
transcendental entire functions since 1955 a n d  obtained m any results.
In  particular, he generalized the m inim um  modulus theorem concerning
entire functions o f  o rd er le ss  th an  1 / 2  ([2 ] T h eo rem  3 ) a n d  further
proved, using Fatou's theory o f  iteration, interesting theorems concern-
in g  t h e  perm utab ility  o f  tra n sc e n d e n ta l e n t ire  fu n c t io n s  ( [2 ] , [3 ] ,
[ 4 ] ) .  In 1968, F. G ross [13] and  M . O zaw a [24] proved independently
that certa in  en tire functions do not have any factorization (by com po-
sition) into  trascendental entire f a c to r s . S ince then , there have appea-
red  m any resu lts i n  factorization theory, by applying Nevanlinna theory
etc. H ow ever, m ost o f these recen t resu lts (except [21], [26]) concern
th e  im possib ility o f  factorization , that i s ,  t h e  p rim en ess, th e pseudo-
primeness an d  so on.

In  th is paper, w e sha ll treat certain com posite functions o f  tw o  or
three p rim e  fu n ctio n s, w h ich  b e lo n g  to  c e r t a in  s p e c ia l  c lasses. F or
th e  functions o f  these classes one can  show  the forms of the ir factors
(Theorems 1 an d  2 , p ro ved  first b y  S . K oont [21], excep t o n e  o f th e
conclusions in T h eo rem  1 ). W e  sh a ll g iv e  a  s im p ler p ro o f o f  these
tw o theorem s i n  § 2 .  U s in g  th e se  fa c ts  a s  k e y  le m m a s , w e  sh a ll
proceed to prove our m ain  T h eo rem s 3 , 4 , 5 , 6  a n d  7 ,  w h ich  assert
that th e  facto rization  by co m p o s it io n  o f c e rta in  en tire  fu n c tio n s  is


