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§ O. Introduction.

L et lin  b e th e  n-dimensional euclidean space (n 2 ) ,  an d  se t H= Hn
= R n ;  xn > 0 1 ,  th en  H  becomes th e  n-dim ensional hyperbolic space
w ith  respect to  th e  hyperbolic m etric p(x)Idx 1, w here p(x) = x„- 1 . And
le t  r b e  a  group o f isometries of H, which acts discontinuously o n  H.
L. V . Ahlfors showed, in  his lecture note [5 ], the weak finiteness theorem :
if is fin itely generated, then the d im ension of a certain  class Q(1") of
mixed tensor densities, automorphic under is finite, which is an extension
to higher dimensions o f analytic  p a rts  o f his fam ous finiteness theorem

1]
O ur m ain aim  is to  in troduce another certa in  c lass a(r) containing

Q(P), for which the dim ension of a ( r )  is  still f in ite  (C oro llary  3). In
order to investigate 0.,(r) , w e shall study a  class p(r) of quasiconformal
deformations and derive properties of a ( r )  from those of p (T' )  (Theorems
5  and  6 , and  Corollary 4).

In  §1 we shall define some notations and state Ahlfors' weak finiteness
th eo rem . In  §2 w e shall study quasiconformal deformations, an d  derive
som e new  facts (Theorem s 3  an d  4). I n  § 3  w e  sh a ll s ta te  o u r  main
results, w hich w ill be proven in  §5, after providing som e lem m as in  §4.
A nd in the last §6 we shall state some remarks for the case n =3, particu-
larly  that our c lass a (  r )  turns out to  be 0-dimensional.

T h e au thor w ishes to  express h is deepest g ratitude to Professor Y.
Kusunoki for his encouragement and valuable comments, and for bringing
this problem  to author's a tten tio n . A n d  th e  author also thanks to D rs.
M. Taniguchi an d  H . Shiga, an d  M r. M . Masumoto for their advices and
comments during the preparation of th is paper.

§ 1. Notations and Ahlfors' weak finiteness theorem.

By column vectors we denote the points in Itn, and by 'X  the transpose
o f a  m atrix X.


