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Introduction. The classical theorem of Hadamard concerning entire functions
of a  complex variable is composed of the following three assertions : ( i) If  f  is
an entire function of finite order 2, then the order of the zero locus of f  does
no t exceed  2 . ( ii)  For a divisor A of finite order 2 prescribed o n  th e  complex
lin e  C , th e re  e x is ts  an  entire function F of the sam e order 2 having A as its
zero locus. F is g iven by a  canonical product of genus q  with ( i i i )
In the same situation as (ii), every entire function f  o f  f in ite  o rd e r  w ith  zero
lo c u s  A  i s  w r i t t e n  a s  f = e F  w ith  a polynom ial P. T h e  o rd e r  o f  f  is
max {2, deg PI .

Now let Q  be a domain in the space Cm- of m complex variables t= (0, • •• , tm).
W e consider holomorphic functions f and divisors A  o n  C X  Q .  T h e y  c a n  b e
respectively regarded as families of entire functions and divisors on C depending
analytically on the p aram ete r tE Q . T h e ir  o rd e rs  are then defined as functions
of t. In the present note w e w ill investigate the problem  : T o  w hat ex ten t do
the properties corresponding to the  above Hadamard theo rem  rem ain  va lid  for
these analytic families ?

For a function o r a  divisor on C x Q  we consider, along with the  order 2(t),
the regularized order 2*(t) in troduced  by  L e long  [7 ]. T hey  take  o n  th e  same
value except on a  pluripolar se t in  Q . W e  sh a ll f in d  th a t the concept of regu-
la rized  o rd e r is  ad eq ua te  fo r  o u r  investigation since  2*(0 bounds the rate of
growth uniformly in the vicinity of the point t  in Q . S o m e  basic properties of
2*(t) are resumed in  § 1.

The central part of our problem concerns with the existence of a holomorphic
function of finite order with prescribed divisor A .  W e  w a n t to  o b ta in  su c h  a
func tion  by  fo rm ing  a  canonical product for each t ,(2. T o  do th is  the genus
q  of the canonical product should be chosen. W e wish to choose q  independently
o f  th e  param eter t, w hile  q+ 1  canno t be  sm alle r than  the  order 2A (t) of the
divisor A in  order to guarantee the convergence. This is  impossible w hen 2A (t)
is  unbounded . S o  w e first restric t the variability of t  to  a  subdomain Q' of Q
o n  which 2 A ( t)  is  b o u n d e d , a n d  construct canonical products for t ,S2'. It is
crucial to  show  th a t  th is  construction actually  y ie lds a  holomorphic function


