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On the irreducible very cuspidal representations II

By

Tetsuya TAKAHASHI

Introduction

Let F  be a  non-archimedean local field and G = GLn (F ). Carayol [C] in-
troduced the  notion  of very cuspidal representation of the maximal compact
modulo center subgroup o f G  and  showed the com pact-induction of an irre-
ducible very cuspidal representation to G  is irreducible and  supercuspidal. If
the  irreducible very cuspidal representation has an  even level, it is monomial
i.e. induced from a  one-dimensional representation. But if the level is odd, it is
not monomial and the construction of the representation is much more difficult
and  complicated. W e remark that such phenomena occurs whenever one con-
sider the construction of supercuspidal representation. (See e.g.[M], [B-K].)

T he aim of th is  p a p e r  is  to  express the  irreducible supercuspidal repre-
sentation induced from a  very cuspidal representation w ith an  odd level as a
Q-linear combination of monomial representations. To explain more precisely,
w e use some notation. Let p be an  irreducible very cuspidal representation of
Z s Ks  o f  level N . (See Definition 1 .4  a n d  1 .7 . )  T hen the  restric tion  o f p  to
K N+ "  contains a  character Ou  (cf. D efinition 1 .7 .)  W hen N = 2m, the  nor-
malizer o f O . in  ZsKs is  ExKT where E = F (u) . T hus p = (0 • Ou)
w h ere  O  is  a n  appropria te  quasi-character o f  E x .  (See Proposition 1.10.)
When N = 2m - 1, the  normalizer of 07, in  ZsKs is ExKT - 1  a n d  th e  irreducible
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Er (,bu  is not one-dim ensional. M oreover if E/F is  widly
ramified, the construction of the irreducible component is not easy. In  [T], the
author gave the irreducible representation 7 ,e  of ExICT - 1 . Our main work is to
calculate the  character o f riu,64. Let C=Ex/Fx (1 +P E )  and C' is  the  character
group of C. W e can put

IndVc r  (  (0 0 2 )  •  O.) akr1114,6 T.
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From the  character formula of 72,6 , we can calculate the multiplicity aAr .  Thus
if we can calculate the inverse of the matrix M = is expressed as
a  linear combination o f monomial respresentations. W e can calculate the  W I

under some assumption (See Proposition 3 .7  and Theorem 3.8 .)
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