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In a classical paper [1] M. Riesz introduced the entire function

( 1 ) F( z) Z‘O: ( 1 )n+1 n
n=1 (n 1) ';(271)

and showed that a necessary and sufficient condition for the truth of Riemann’s

hypothesis is that for each ¢ > 0

(2) F(z) = 0(2""") (x — +).

Riesz also showed that F(z) is of order one, type one, genus one, has infinitely
many zeros off the real axis, at least one on the real axis, has none in the left
half-plane and satisfies

(3) 2w F(z/n’) = ze7,
(4) F(Z) Z IJ'('”/) -—~/n2
for all z.

In this note we prove certain additional properties of the set of zeros of
F(2). Let {r,e"™T denote some arrangement of these zeros in nondecreas-

ing order of modulus, let x;, z», - -+ denote the subsequence of positive real
zeros of F(z), and let h(r, §) denote the number of zeros in the sector
lz] =, largz| < 7 — & (6> 0).
Then we show that
(5) T ~ NI (n— ),
(6) h(r, 8) = o(r) (r— ),
(7) 2o, < @,
(8) There are infinitely many x, and in fact
D enes 1 = Q(log ) (x — ).

The relations (5)—(7) depend hardly at all on the nature of the coefficients
w(n) in (4) whereas (8) depends on very specific properties of these coeffi-
cients.
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