A NECESSARY AND SUFFICIENT CONDITION FOR UNIVALENCE OF A
MEROMORPHIC FUNCTION

By Dov AmArRoNoOV

1. Introduction. We introduce in this paper a necessary and sufficient
condition which is a generalization of the well-known [1] necessary condition
for univalence of a function in the unit circle || < 1, namely:
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is the Schwarzian derivative of f(2).
2. Definition of ‘‘the invariant sequence”. Let D be a domain the z-plane,

f(2) a meromorphic function in D, and w e D a point which is not a pole such
that f/(w) % 0. We define the “First generating function’
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where z varies in a small circle around w. We also define the ‘“Second generating
function”
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The expansion of f(z + w) around w is
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and so
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So we have

Received December 29, 1967. This paper represents part of a thesis submitted to the Senate
of the Technion-Israel Institute of Technology in partial fulfillment of the requirements for
the degree of Doctor of Science. The author wishes to thank Professor E. Netanyahu for his
guidance in the preparation of this paper.

599



