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1. Le t  S be a locally compact  space endowed with a composition law 
(s , t ) - -+sot  defined for (s,t) E D c S •  ff the set of open par ts  of S, B = f f  a 
filter basis on S and # a posit ive Radon  measure 1 on S. Suppose t ha t :  

1) (s, t) -+ s o t is continuous on D ; 
2) for each t E S  and W E ~ ( t )  there exist U E B  and VE~0(t) such tha t  

U o V = W ;  
3) #(U)4~O for every non void set U E ft. 

A function f on S to [ - co, ~ ) is said to be suboperat ive if / (s o t) ~ [ (s) + [ (t) 
for e v e r y  (s, t)E D. In  this paper  various properties of suboperat ive functions 
and various measurabi l i ty  and cont inui ty  propert ies of certain representat ions of 
S are given. Funct ions satisfying conditions less restr ict ive than  the suboperat ive 
ones are also studied. 

Most of the results proved  below m a y  be considered as extensions of those 
given in ( 5 ) . p .  92-94 and (6) po 741-748. In  fact,  the subject  ma t t e r  of this 
paper  has been suggested by  the  reading of (5) p. 92-94 and (6) p. 741-748. 

2. I t  will be supposed in this pa ragraph  tha t  the following condition is satis- 
fied (we denote with ~( the set of all compact  par ts  of S):  

(H1) For every t E S there exist Kt E ~[C N ~ (t), Vt E B and a continuous mapping 
(s, u)-->p~(u) o] Kt• Vt into S having the [ollowing properties: (i) u o p : ( u ) = s  
[or every s E Kt and u E Vt; (ii) l i m s p s = s  ]or every s E Kt;  (iii)there is a constant 

(Kt) > 0 which satis[ies the inequality # (p:l (U)) ~ 2 (Kt) # (U) ]or every s E K~ 
and U E ~. 

The condition (HI) is a ref inement  of condition (P$), (6) p. 741. Le t  us re- 
m a r k  t ha t  if {H1) is satisfied, then, for every s E Kt and #-measurable  set A = S ,  
the set p ;1  (A) is #-measurable  and # (p~l (A)) < +~ (Kt) # (A). 

Proposition 1.--Let t E S, K 1 = Vt, K 1 E ~( and ] a locally #-inteqrable mapping 
o] S into a Banach space E. Then ]or every t'E Kt 

4) lim:+~..:.:, f +~, (n) II t (lo. (.)) - ! (p~. (.))[I g# (-) = o ,. 

1 Various indications concerning the  terminology  are g iven  in paragraph 6. 

W e  t ake  v ( u ) ~ 0  if v = h O P s  a n d  u ~  F t . 
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