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A set of uniqueness for functions, analytic and bounded 
in the unit disc 

By AKE SAMUELSSON 

1. Introduction 

The purpose  of this note  is to establish a uniqueness theorem,  similar to the  
well-known result  of F. and  M. Riesz. Before we s ta te  the  theorem,  let us in- 
t roduce  some notat ion.  

Throughout  this note  let ~ be the  class of all functions,  analyt ic  and bounded  
in the  open uni t  disc C. We will also consider the  subclass ~0 c ~ of functions,  
wi th  only  a finite n u m b e r  of zeros in C. 

I f  ~ is a poin t  on the  bounda ry  of C (henceforth denoted b y  a C ) a n d  ~ is a 
real number ,  0 ~< ~ < 1, let S(~, ~) denote  the Stolz domain  with  ve r t ex  ~ 6 aC and 
angle arcsin ~; i.e. 

S(r ~) = {z ][z ] < 1, [z - ~] < V1 - ~2, [arg (1 -- ~z) l ~< arcsin ~}. 

Moreover,  if ~ fi ~C and ~0 is a function,  defined on C, such t h a t  

we write l im s ~(z) = A or 
z-->~ 

l im ~0(z)=A for all a, 0 ~ < ~ < 1 ,  
z -~  

z e S(~, 6) 

q)(z)SA as z-+r 

We will use the first  no ta t ion  exclusively when A is a (proper) complex number ,  
while the second nota t ion  will be used not  only  when A is a proper  complex 
n u m b e r  bu t  also in the ease of a real -valued funct ion ~0 and  A = -t-oo. 

For  /, g 6 ~ consider the set 

Dz(/, g) ={~l  ~6~C, limS /(k) (z) =limSg(k)(z), k = 0 ,  1, 2 . . . .  }. 
z-->~ z-*~ 

An immedia te  consequence of F. and M. Riesz 's  theorem ([2], p. 209) is the fol- 
lowing resul t :  

I /  Ds(/,g ) has positive Lebesgue measure, then /=g. 

The main  result  to be p roved  in this note  can be s ta ted  as follows: 
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