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On the constant in H61der's inequality 

B y  SVEN H.  H I L m N G  

W i t h  5 f i g u r e s  ill t i l e  t e x t  

I t  is well known tha t  the ' = '  in the so-called HSlder's inequality in one of 
its forms 
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I f  {a,,} and {b,} (or ] (x) and g;x ' )  are subjected t6 some restrictive conditions 
tha t  exclude the proportionali ty just  mentioned, then one can have .only ' < ' .  

We shall consider the most  general form of HSlder's inequality, which in- 
cludes (1 a) and (1 b), and study the value of the Lebesgue-Stieltjes integral 

(1) I r  = f (/:x)) r (g (x) 1-" d ~0 (x) (0 --< r --< 1) 
E 

where / (x)  and g (x) are non-negative functions and r (x) an increasing func- 
tion on the set E. HSlder's inequa]ity then takes the form 
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In  the following we shall assume throughout  tha t  the functions / (x )  and g (x) 
are normalized in such a way tha t  

11 = Io ~ 1 

which is no real restriction of the study. 
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