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1. I n t r o d u c t i o n  

This paper is concerned with the spectral theory of orthogonal polynomials on the unit 

circle (OPUC) [16], [17], [15], [23], [7], [8] in the case of particularly regular measures. 

Throughout,  we will consider probability measures on 0 D = { z  Iz l=l}  of the form 

dO (1.1) d# = w(O) ~ +d#s,  

where w obeys the Szeg5 condition, that  is, 

fo 2~ dO (1.2) log(w(0)) ~ > - ~ .  

In that  case, the Szeg5 function is defined by 

/" f2" ei~ dO) (1.3) D(z) = e x p / t  ~ log(w(0)) U~ 
\ J 0  e --z 

Not only does w determine D, but  D determines w, since limr,1 D(rei~ i~ exists 

for a.e. 0 and 

~(o)  = ID(e {~ I ~. (1.4) 

Indeed, D is the unique function analytic on D = { z l l z  I <1} with D ( 0 ) > 0  and D non- 

vanishing on D so that  (1.4) holds. 

Given d#, we let ~n be the monic orthogonal polynomial and {,~:~n/llOnllL2(du). 
The ~n'S obey the Szeg6 recursion 

r (Z) ~- Z(Y~n(Z ) --(~n(~* (Z), (1.5) 
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