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The founda t ions  of a sys temat ic  general  t heo ry  of l a t t i ce -ordered  r ings were la id  b y  

Birkhoff  and  Pierce in [3]. They  in t roduced,  as an  objec t  for fur ther  s tudy ,  the  class o f / -  

rings. This special  class of l a t t i ce -ordered  r ings d isp lays  a r ich s t ructure :  i t  can be charac-  

te r ized  as the  class of al l  subd i rec t  unions of ordered  rings. Birkhoff  and  Pierce ob ta ined  

m a n y  proper t ies  o f / - r i ngs ,  bas ing the i r  s t ruc ture  t heo ry  on the  / - radical  of a n / - r i n g .  I n  

[20], Pierce ob ta ined  an  i m p o r t a n t  decomposi t ion  theorem f o r / - r i n g s  wi th  zero /-radical .  

This pape r  continues the  s t u d y  of the  s t ruc ture  o f / - r ings .  

I n  Chapter  I ,  we presen t  the  necessary  backg round  ma te r i a l  and  ob ta in  a character iza-  

t ion of t h e / - r a d i c a l  of a n / - r i n g  t h a t  yields  a new proof  of the  decomposi t ion  theorem of 

Pierce.  

I n  Chapter  I I ,  we presen t  a s t ruc ture  theo ry  fo r / - r i ngs  based  on a n / - r i n g  analogue of 

the  Jacobson  rad ica l  for abs t r ac t  rings. I n  Sect ion 1, the  J - r ad i ca l  of a n / - r i n g  A is defined 

to  be t he  in tersect ion of the  m a x i m a l  modu la r  r i gh t / - i dea l s  of A.  I n  Sect ion 2, the  J - r a d i c a l  

is charac te r ized  in t e rms  of the  no t ion  o f / - qu a s i - r e gu l a r i t y ,  and  this  charac te r iza t ion  is 

used to  ob ta in  cer ta in  proper t ies  of the  J - r ad ica l .  

I n  Sect ion 3, we consider a r ep resen ta t ion  t heo ry  fo r / - r ings .  W e  show t h a t  e v e r y / - r i n g  

t h a t  has  a fai thful ,  i r r educ ib le , / - r ep resen ta t ion  is a t o t a l l y  ordered  r ing wi th  i den t i t y  t h a t  

conta ins  no non-zero proper  one-s ided/ - idea ls .  I n  Sect ion 4, the  not ions  o f / - p r i m i t i v e / - r i n g  
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