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1. Introduction. 

H e r m i t e  1 has defined a funct ion 9 (z) to be doubly periodic of the th i rd  

kind if i t  is meromorph ic  and satisfies two periodici ty  re la t ions of the  form 

(z + 2 d) = e ~+d. ~ (z), 

where a, b, c, d, oJ, w' are cons tants  and  w'lw is a complex n u m b e r  a + i f l ,  8 # o .  

I t  can be shown tha t  the proper t ies  of q~ (z) are deducible f rom those of a suit- 

ably defined funct ion  F ( z ) w h i c h  is l ikewise meromorph ic  and satisfies the 

s impler  periodici ty re la t ions 

(2) { F ( ,  + ~)  = F ( ~ ) ,  

F (z + ~ , )  = e - ~  ~ "  V (z),  i = I / - -  ~, , ,  # o ,  

where z is a complex n u m b e r  wi th  non-vanishing imaginary  part ,  and  m an in- 

teger,  posit ive or negat ive.  I t  can be proved t h a t  m is the excess of the num- 

ber of zeros over the  n u m b e r  of poles of the  funct ion  in a period cell. 
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