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1. I n t r o d u c t i o n  

I t  is con jec tu red  t h a t  if f(X) is any  i r reducib le  integer  po lynomia l  such t h a t  f (1 ) ,  f (2 ) ,  ... 

t e n d  to  inf ini ty  and  have no c o m m o n  factor  g rea te r  t h a n  1, t hen  f(n) takes  inf ini tely m a n y  

p r ime  values.  Unfo r tuna t e ly  th is  has  only been  proved for l inear  po lynomia ls ,  in which 

case the  asser t ion  is the  famous t he o re m of Dir ichlet .  One m a y  seek to  fo rmula te  a weaker  

con jec ture  concerning  i r reducib le  b ina ry  forms f(X, Y). Here the  necessary  condi t ion  is 

t h a t  t he  values of f(m, n) for pos i t ive  integers  m,  n are  u n b o u n d e d  above  and  have no 

non- t r iv ia l  c o m m o n  factor .  Aga in  one might  hope  t h a t  such a form a t t a i n s  inf ini te ly  

m a n y  pr ime  values.  Th is  is t r iv ia l  for l inear  forms, as such a form takes  all sufficiently 

large integer  values.  For  q u a d r a t i c  forms it was proved by  Dir ichlet ,  a l though  in ce r ta in  

specia l  cases, such as f(X,Y)=X2+Y 2, the  resul t  goes back  to  Fe rma t .  Di r ich le t ' s  

resul t  was ex t ended  by  Iwaniec [14] to  quad ra t i c  po lynomia l s  in two variables .  Our  goal  


