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1. Introduct ion  

W e  shall  prove  theorems  on s imul taneous  a p p r o x i m a t i o n  which general ize R o t h ' s  

wel l -known theorem [3] on ra t iona l  a pp rox ima t ion  to  a single a lgebraic  i r r a t iona l  ~. 

Throughou t  the  paper ,  []~]1 will denote  the  d i s tance  f rom a real  n u m b e r  ~ to  t he  nea res t  

integer.  

TH~.OREM 1. Let ax . . . . .  an be real algebraic numbers such that 1, a l  . . . . .  0~ are linearly 

independent over the field Q o/rationals. Then /or  every e > 0 there are only finitely many  posi- 

tive integers q with 

COROLLARY. Suppose o~ 1 . . . .  , o:~, ~ are as above. There are only finitely many  n-tuples 

(Pl/q . . . . .  p~/q) o/rationals satis/yin9 

I~ ~ _ (pjq)[ < q-t-(It,)-8 (i = 1, 2 . . . . .  n). (2) 

A dua l  to  Theorem 1 is as follows. 

T H E O R E ~  2. Let a l  . . . . .  an, e be as in Theorem 1. There are only finitely many  n-tuplss 

o/nonzero integers ql . . . .  , qn with 

Ilq,~, + . . .  + q,~.ll" Iq, q~... q,t 1+" < a. (3) 

COROLLARY. Again  let o h .. . . .  o~, e be as in Theorem 1. There are only finitely many  

r + l l - t n p ~  o/ integers q ,  q, . . . .  , g., p with q = max (I q~l . . . . .  I~, I) > o  and with 

I q ~ +  ... + q , ~  +Pl>q-"-" .  (4) 


