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I have recently! proposed the following

Conjecture: Let [(z, y, 2) be a cubic polynomial in x, y, 2 with integer coefficients

such that f(z, y, z) — a 1s trreducible for all a. Then if the equation
f(x, y,2)=0 1

does not represent a cone in three dimensional space and has one solution in integers,
there exists an infinity of integer solutions.
This conjecture, as far as I know, has not been proved for even simple equa-

tions such as )
2+ yt+28=3,

but was proved for some equations and in particular for
P—E=lr+my+Ada3+Bsty+Czxy®+ Dy,

where the coefficients are integers and ! is prime to m, the known solution being
=0, y=0, z=%. The case I=m=0 seems more difficult, but interesting results
can be found for some ‘equations of the form

P2—k=Az*+ Bys. (2)

I find that integer solutions of (2) can be deduced from the integer solutions of
some very simple equations included in (1), namely,

ar®+biyr+ce=2z2yz, (3)

1 “On cubic equations 22=f (x, y) with an infinity of integer solutions” Proceedings of the
American Mathematical Society 3 (1952), 210—217.



