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1. Introduction 

L e t  n be subharmonic  in { ] z ] < l }  and  p u t  A(r)-----infM=ru(z ), B(r )= 
maxl~I= , u(z) when 0 < r < 1. Le t  ~ be a f ixed  n u m b e r  in (0, 1) and  suppose t h a t  

A(r) < cos azXB(r), 0 < r < 1 (1.1) 

u < c  < + ~ .  (1.2) 

Here  c is a posi t ive cons tant .  Unde r  these assumptions IIellsten,  Kjel lberg and  
~ o r s t a d  [4] p roved  

THEOREM A. There exists a subharmonic function 

U(z~ = - -  t a n  
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dt, !argz[ < a ,  

in  {Lzl < 1} for which (1.1) holds with equality and such that for 0 < r < 1 

(?) B(r) < U(r) < ~ t an  ~ .  

We note  t h a t  t he  au tho r  [5] and  Ess6n [1] have  p roved  re la ted  theorems.  Kere  
we consider a similar problem for ana ly t ic  functions.  More specifically, let  a be 
a step funct ion on [0, 1], i.e.; a piecewise cons tant  funct ion wi th  a f ini te  n u m b e r  
of  jumps,  which satisfies 

(*) a is upper  semicontinuous,  
(**) - -  1 < a ( r )  < 1 when  0 < r  < 1.  


