
.1. Math. Kyoto Univ.
3-3 (1964) 347-361.

On the automorphisms of hypersurfaces*

By

Hideyuki MATSUMURA and Paul MONSKY

(Received June 23, 1964)

Introduction. W hen V  is  a projective variety, we denote by B ir(V )
the group o f  birational transformations of V  onto itself, by A ut(V )
the group o f  automorphisms o f V  ( i .e . the group o f th e  biregular
transformations o f V  onto  itse lf), and b y  L in ( V )  the subgroup of
A u t(V )  consisting of the elements induced by the projective trans-
formations of the ambient space which leave V  invariant. The last
one is obviously an algebraic group, while A u t(V ) h as the structure
of an "algebraic group with (eventually) countably-infinite number of
components".

Let H „,, denote a hypersurface of degree d  in the (n+ 1)-dimen-
sional projective space P„,,, defined by an equation f ( X o, X1, •••, X.+1)
= 0  o f degree d .  The main results of this memoir are:

(1) I f  II,„d is non-singular an d  n >2 , d >3 , th e n  A ut(I-1„d) is
f in ite  ex cep t the  case  n=2, c l=  4.

(2) I f  11,,.,d is generic ov er the prim e f ie ld  an d  i f  n >2 , d >3 ,
th e n  A ut(H „d) i s  t riv ia l  e x c e p t  th e  f o llo w in g  c a s e : th e  ground
f ie ld  has charac teris tic  p > 0  an d  n =2 , d = 4.

The exception in ( 1 )  is  a real one, while in ( 2 )  it is likely that
the theorem holds without exception, though we have to  le av e  the
question open. The main part of the proofs consists in showing that
Lin(H „,d) is  sm a ll . For the sake o f completeness we have added a
few known results.
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