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A DOUBLE INVERSION FORMULA

JOHN BRILLHART

Let G be an abelian group and suppose {an} and {bn}, n ^ 1,

are sequences in G. Let p be an odd prime and set τ]e — (ejp),

the Legendre symbol, where e — p*elf s >. 0, p J( eλ. Also, let

χt = (1 ± Ve)/2. Define the sequence {cn} and {dn}, n^l, by

(1)

and

(2)

Cn =

<*» = Σ

THEOREM. For n ^ 1 and μ the Mobius function,

(3) α n = Σ

and

(4) 6n= Σ

Proof of the Theorem. Using (1) and (2) in (3) we obtain

Σ μ(e)(Xtcf + X7df)
ef=n

= Σ μ(β) Σ m a + iii7)a, + (X+X7

= Σ μiβ) Σ (Zί,.α. + Z;,A)

= Σ (^ί;sα8 + KiA) Σ
\ \j

e\njs

Formula (4) is proven similarly.
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