GENERAL INDEX

O-fragment of modal logic K, 121 bilogical morphism, 20
Blok, W.J,, 1, 2, 5, 10, 14, 16, 25,
1-equivalential logic, 71 29, 59, 60, 66, 75, 83, 84, 94
Boolean algebra, 116
abstract logic, 17 finite. 108
reduced, 23 monadic, 118
adequate, 78 topological, 118
fully, 81

Brown, D.J., 5, 20
strongly, 81

Adjunction, rule of, 122
algebra, 15
of formulas, 15
algebraizable Gentzen system, 84

algebraizable logic, 60
regularly, 71 classical propositional logic, 116

strongly, 93 Classical Reductio ad Absurdum, 55

weakly, 66 closed set
of a Gentzen system, 79

category, 44, 49

classical logic, 62
equivalential fragment, 106
implicative fragment, 115

almost inconsistent logic, 60

Andréka, H., 66 of an abstract logic, 17
Axiom, 76 closure algebra, 118
axiom scheme, 26 closure operator, 17
axiomatic extension, 18 finitary, 17
axiomatic extensions of K, 118 structural, 26

closure system, 17
Barcelona, 4, 6, 14 inductive, 17
basic full model, 34 compatibility property, 59
BCK logic, 105 compatible congruence, 16
Belnap, N.D.(jr.), 111 complete, 30, 32

Belnap’s four-valued logic, 111, 125 Completeness Theorem, 30, 38, 79

147



148 GENERAL INDEX

congruence, 15
compatible, 16
logical, 18
of a matrix, 16
Congruence (rule of =), 83
congruence property, 47
congruence rules (of a Gentzen sys-
tem), 85, 89, 98
congruential logic, 68
Conjunction, 50
Property of, 50
conjunctive logic, 50
consequence relation, 25
constructive falsity, logic of, 106
continuous (Leibniz operator), 60
continuous (Tarski operator), 66
contraposition rule, 94
correspondence theorem, 23, 60
Cut rule, 77
Czelakowski, J., 1, 2, 5, 6, 12-14,
36, 59, 60, 66, 68, 71, 86, 93,
102

Da Costa, N.C.A., 105

De Morgan abstract logics, 111

De Morgan algebra, 112

De Morgan lattice, 111

De Morgan Laws, 112

De Morgan monoid, 122

De Morgan semigroup, 122

Deduction Theorem, 51, 116

Deduction-Detachment Theorem, 51

deductive filter, 27

derivable sequent, 77

derived rule (of a Gentzen system),
76

detachment, 51

Disjunction Property, 53

Disjunction, Weak Property of, 110

disjunctive logic, 54

distributive abstract logic, 109

distributive lattice, 107
pseudo-complemented, 113

Double Negation, Property of, 112

duality, 17

Dunn, J. M., 111

equation, 16
equational consequence, 60, 83
equational theory, 83
equivalent algebraic semantics (of a
Gentzen system), 84

equivalent quasivariety semantics, 60
equivalential fragments, 106
equivalential logic, 36
extension, 18

axiomatic, 18, 26
extension algebra, 118

Figallo, A., 125
filter
deductive, 27
implicative, 115
Leibniz, 64
logical, 27
of a lattice, 108
of a matrix, 16
Fine, K., 122
finer, 18
finitary, 17, 26
finitary part of an abstract logic, 80
formula, 15
atomic, 15
four-valued logic of Belnap, 111
Frege, G., 68
Frege hierarchy, 68
Frege operator, 46
Frege relation, 46



GENERAL INDEX 149

Fregean logic, 68
fully, 68
Fregean variety, 68
full model, 33
basic, 34
fully adequate, 81
fully Fregean logic, 68
fully selfextensional logic, 48

®-algebra, 80
generalized matrix, 18, 33
Gentzen calculus, 75
Gentzen system, 76
algebraizable, 84
algebraization, 75, 83
Gentzen-style rule, 45

Halmos, PR., 14, 118
Harrop, R., 5
Herrmann, B., 25, 39, 62, 71
Heyting algebra, 116
hierarchy

Frege, 68

Leibniz, 29
Hilbert algebra, 99, 115
Hilbert-style rule, 46
homomorphism, 15

Identity Law, 123
implication algebra, 115
implicational logics, 105
implications-less fragment of IPC, 113
implicative filter, 115, 117
inconsistent element, 56
inconsistent set, 94
inductive, 17

interpretation, 16
introduction of modality, 57
intuitionistic logic, 116

equivalential fragment, 106
positive fragment, 115
intuitionistic propositional logic
implicative fragment, 115
Intuitionistic Reductio ad Absurdum,
55
isomorphic abstract logics, 21
isomorphism theorem, 6, 8, 22, 41,
107

K (modal logic)
extensions of, 120
K-congruence, 15
Kleene algebra, 113
Kleene lattice, 112
Kleene’s strong three-valued logic,
112
Knuth, D.E., 14

Lamport, L., 14
lattice, 110

De Morgan, 111

distributive, 107

Kleene, 112

relatively pseudo-complemented,

115

Leibniz, G.W., 16
Leibniz congruence, 16
Leibniz filter, 64
Leibniz hierarchy, 29
Leibniz operator, 17
Lemmon, E.J., 118
Lindenbaum, A., 29
Lindenbaum-Tarski algebra, 29
Lindenbaum-Tarski quotient, 29
logic, 9, 26

1-equivalential, 71

abstract, 17

algebraizable, 60



150

almost inconsistent, 60
congruential, 68

conjunctive, 50

defined by a Gentzen system, 77
defined by an abstract logic, 31
disjunctive, 54

equivalential, 36

finitary, 26

four-valued, 111

Fregean, 68

fully Fregean, 68

fully selfextensional, 48
implicational, 105
many-valued, 105

modal, 57, 117
non-monotonic, 9
non-pathological, 59

of constructive falsity, 106

of lattices, 110

of paradox, 105

of positive implication, 99, 114
paraconsistent, 56, 105, 124
positive, 115

preserving degrees of truth, 105
protoalgebraic, 59
pseudo-axiomatic, 70

purely inferential version, 62
regularly algebraizable, 71
selfextensional, 48

sentential, 9, 25

sequential, 75

strongly algebraizable, 93
strongly selfextensional, 48
substructural, 9

three-valued, 112

two-valued, 68

weakly algebraizable, 66

with semi-negation, 106

logical congruence, 18

GENERAL INDEX

logical filter, 27
logical morphism, 20
logical quotient, 21
logical system, 26
Loureiro, 1., 125
Lukasiewicz, J., 105

Makinson, D., 5
many-valued logic, 105
matrix, 16
for S, 27
generalized, 18, 33
reduced, 17
matrix congruence, 16
Meyer, R.K., 122
modal logic, 57, 105, 117
normal, 118
quasi-classical, 117
quasi-normal, 118
strong version, 118
tetravalent, 125
weak version, 118
with intuitionistic base, 120
modality, introduction of, 57
model, 32
basic full, 34
full, 33
of a Gentzen system, 78
Modus Ponens, 51
monadic Boolean algebra, 118
Monteiro, A., 6, 125

natural deduction, 5
Necessitation, Rule of, 118, 125
Nelson, D., 106

Németi, 1., 66

non-modal reduct, 119
non-monotonic logics, 9
non-pathological logic, 59



GENERAL INDEX 151

normal modal algebra, 118
normal modal logic, 118

open problem, 14, 40, 48,72, 75, 92,
101
open set, 119

paraconsistent logic, 56, 105, 124
maximal, 123

paradox, logic of, 105

Peirce’s Law, 115

Pigozzi, D, 1, 2, 5, 10, 12-14, 16,
25, 29, 59, 60, 66, 68, 71, 75,
83, 84, 86, 93, 94, 102

positive implication algebra, 99

positive implication, logic of, 114

positive logic, 115

Priest, G., 105

projective generation, 20

proof by cases, 53

Property of Conjunction, 50

Property of Disjunction, 54

protoalgebraic logic, 59

provability logic, 120

pseudo-axiomatic logic, 70

pseudo-Boolean algebra, 116

pseudo-complemented distributive lat-
tice, 113

Pynko, A., 124

quasi-classical modal logic, 117
quasi-Hilbert algebra, 127
quasi-normal modal logic, 118
quotient matrix, 16

R-algebra, 122

Rasiowa, H., 1, 6, 36, 106, 114, 120
reduced abstract logic, 23

reduced matrix, 17

Reductio ad Absurdum, 55

reduction

of a matrix, 17

of an abstract logic, 23
reduction process, 23, 44, 49
regularly algebraizable logic, 71
relatively pseudo-complemented lat-

tice, 115

Relevance Logic, 122
Relevance Principle, 122
Replacement (rule of =), 83
residuated lattices

logics of, 105
Routley, R., 122
rule

derived, 76

Gentzen-style, 45, 76

Hilbert-style, 46

structural, 76
Rule of Necessitation, 57, 118

S-algebra, 36
selfextensional, 48
selfextensional logic
fully, 48
strongly, 48
semantics, 30, 31
semi-negation, logic with, 106
semilattice, 90
sentential logic, 9, see also logic
sequent, 76
derivable, 77
of &, 77
sequential logic, 75
Sette, A.M., 123
Sette algebras, 124
S-filter, 27
Shoesmith, D.J., 5
S-matrix, 27
Smiley, T., 5, 19, 33



152 GENERAL INDEX

strong version of a modal logic, 118 Weak Property of Disjunction, 110

strong version of an abstract logic, weak version of a modal logic, 118
119 Weakening rule, 76

stronger, 18 weaker, 18

strongly adequate, 81 weakly algebraizable logic, 66

strongly algebraizable logic, 93 Wojcicki, R., 4, 5, 10, 33, 48, 122

strongly selfextensional logic, 48
structural rule, 76

substitution, 16

substitution invariance, 26
substructural logics, 9

Suszko, R., 5, 20, 68

Suszko’s rules, 68

Symmetry (rule of k), 83

Tarski, A., 4, 10, 19,29, 118
Tarski congruence, 18

Tarski operator, 19

Taylor, P, 14

tetravalent modal algebra, 125
tetravalent modal logic, 125
theorem, 17

theory, 17, 26

three-valued Lukasiewicz algebra, 125
topological Boolean algebra, 118
Transitivity (rule of k), 83
translation, 66, 84

trivial element, 56
(t,s)-equivalent, 84

turnstile, 76

two-valued logic, 68

type of a Gentzen system, 76, 77

variable, 15
Variable-Sharing Property, 122
Verdd, V., 6, 11, 14, 20, 37

Wajsberg, M., 105
Weak Contraposition, Property of, 112



